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1 Overall Structure of the ABM

The ABM was developed based on four considerations: (i) an environment, (ii) agents (immune cells and bacteria),
(iii) ABM rules that govern the agents and their interactions, and (iv) the timestep (At) used to update events. The
environment represents a two-dimensional section of lung parenchyma as a square lattice that is typically 200 x 200
compartments that simulates an area of 4mm x 4mm. Other size grids are also occasionally used to simulate larger or
smaller granulomas. Each grid micro-compartment is thus scaled to the approximate size of a single human macrophage,
20pm x 20pm. Discrete agents (macrophages and T cells) are recruited from specific micro-compartments on the lattice
that represent vascular sources. Cells move on the lattice and interact with each other and the environment based on the
ABM rules that are defined based on known biological activities. Due to the size difference between macrophages and
T cells, up to two T cells are permitted to enter the same micro-compartment (with probability Ppover). A T cell may
also move into the same micro-compartment as a macrophage (with probability Ppoven). This model of cell spacing is a
compromise between a realistic spatial representation and computational tractability and is consistent with observations
on macrophage and T cell dynamics during development of mycobacterial granulomas that show granuloma-associated T
cells squeeze through cell junctions created by a dense macrophage network[6].

Soluble molecules, including chemokines (CCL2, CCL5 and CXCL9), cytokines (TNF-a, shed TNFR2, and IL-10), and
antibiotics (if enabled) are simulated as continuous numbers that can reside in any square discretization on the lattice.
Extracellular Mtb grow in each micro-compartment. Soluble molecules diffuse and degrade among micro-compartments.
Caseation represents inflammation of and damage to the lung parenchyma from macrophage T cell death. In the ABM,
caseation is defined to occur when a specific number (N¢aseum) of infected or activated macrophages die, or if any cell
dies due to TNF-induced apoptosis in a micro-compartment. When a micro-compartment becomes caseated, any immune
cell present in the micro-compartment is killed and immune cells are not permitted to enter the micro-compartment.
Macrophages can initiate healing of caseation, wherein the tissue is remodeled with an associated time.

The major types of discrete agents in the model are macrophages, T cells, and bacteria. Macrophages are either resting
(M;; uninfected), infected (M;j; have taken up Mtb), chronically infected (M.;; are unable to clear their intracellular Mitb
due to a high bacterial load), or activated (M,; can effectively kill bacteria). Three distinct T cell classes, based on their
functions, are modeled. The T, class represents CD4 and CD8 pro-inflammatory T cells; T, class represents cytotoxic
T cells (CTLs); and T, class represents regulatory T cells including FOXP3+ and FOXP3- cells. Bacteria as agents
can exist in three distinct subpopulations: intracellular (inside macrophages), replicating extracellular, or non-replicating
extracellular.

Cell-cell interactions are governed by ABM rules that are updated within every agent timestep of dty, = 10min and
will be discussed in the ABM rules section. Diffusion and degradation of soluble molecules on the lattice and secretion
of chemokines/cytokines from individual cells occurs and is solved within each ABM timestep at a diffusion or molecular
timestep, defined based on the relevant mechanisms modeled. TNF-o/TNFR, and IL-10/IL-10R dynamics at the single-cell
level are approximated (if enabled) using a tunable resolution approach at a timestep of dty; = 6s. Thus, each single-cell
event is updated 10 times within each diffusion timestep while the diffusion, degradation, and secretion events are updated
10 times with each ABM timestep.

2 Grid Initialization

A two-dimensional grid is created (typically 4mm x 4mm). Periodic boundary conditions are used for cell movement,
Dirichlet boundary conditions (zero outside grid perimeter) are used for chemokine/cytokine diffusion, and no-flux bound-
ary conditions are used for antibiotics (if enabled). Vascular source locations are randomly distributed on the grid based
on an approximate vascularization density estimated from non-human primate lungs. Initial resting macrophages, that
represent resident alveolar macrophages, are randomly placed on the grid (Miyit). One infected macrophage with one



intracellular Mtb is placed at the center of the grid. This is consistent with estimations of the minimum infection dose of
Mtb that range from a single bacterium upward[8, 13].

3 Overview of ABM Rules

Cells move, become recruited to the site of infection, and respond to local conditions depending on their type and state
according to rules that represent known biological activities in vivo. ABM rules that govern cell behaviors and interactions
are as follows. Because chemokine single cell-level dynamics are not included in our model we discuss chemokine-related
secretion and cellular recruitment in addition to cellular-scale immunological details of the ABM in this section. All
immune cell agents may move anywhere in their Moore neighborhood, either by staying in place or moving to the 8 possible
micro-compartments surrounding the cell’s current location on the grid.

4 Agent Movement

4.1 Macrophages

Macrophages move to a new location on the grid based on CCL2 and CCL5 chemokine concentrations in their Moore
neighborhood — the nine micro-compartments around the cell location including the micro-compartment occupied by the
cell. Speed of movement only depends on the state of macrophages with the highest speed for M, and the lowest speed
(zero) for M. The differences among macrophage speeds are shown in the model by time intervals during which each
macrophage attempts to move (fmoveMr, tmoveMis tmoveMa)- Lhere are minimum concentration thresholds and maximum
saturating concentration thresholds (7chem and Schem) for the effect of each chemokine on cell movement. Chemokine
concentrations below 7Tepem Or above Schem do not have any extra effect on direction of movement. For simplicity, we
assume similar threshold values for all chemokines and cell types. Movement is random if chemokine concentrations
in the Moore neighborhood are below T¢hem Or above scpem. Otherwise, CCL2 and CCL5 concentrations in the Moore
neighborhood determine a linear probability distribution for movement. We assume a bias for macrophage movement to
the micro-compartment with the highest chemokine concentration. Hence, the highest chemokine concentration in the
Moore neighborhood is multiplied by a factor 1.5 before calculation of movement probabilities. Movement is blocked by
a caseous micro-compartment or macrophage presence and, if blocked, no extra attempt for moving is made.

4.2 T cells

T cell movements are updated in time intervals of length ¢,,oveT that is determined by the speed of T cell migration in vivo.
Movement of T, cells depends on CCL2, CCL5 and CXCL9/10/11 concentrations in the Moore neighborhood. T cells
move based on CCL5 and CXCL9/10/11 concentrations and T; cells move based on CCL5 concentrations. The details of
T cell chemotactic movements are similar to macrophages as described above. T cell movement is blocked by caseation.
However, T cell movement to a micro-compartment that contains one macrophage or one T cell is possible with reduced
probabilities, Ppovem and Prover, respectively.

5 Cellular Recruitment

We recruit macrophages (M,) and T cells (Ty, T¢, and T}) from vascular sources randomly distributed across the lung
environment. The recruitment rate at each vascular source is dependent upon the concentrations of CCL2, CCL5, CXCL9,
and TNF-a in the specified micro-compartment[1, 19]. A time delay exists such that T cell recruitment rates increase
linearly to the maximum rates over a specified interval as the adaptive immune response is not instantaneous[10]. Re-
cruitment at a vascular source that contains one macrophage or one T cell is subject to the same rules as movement with
recruitment probabilities reduced by Pupovem and Ppover, respectively.

5.1 Macrophages

M, are recruited every timestep from vascular sources based on available TNF-o and CCL2, and CCL5 concentrations at
the specific vascular source, provided that the vascular source is not caseated nor blocked by a macrophage or two T cells.



The probability of recruitment of M, is given by:

VTNF([TNF} - 7_recMacTNF)

max I

(ITNF] — TreoMacTNF) + hiMacTNF
Vi 2([CCL2] — TreeMacac)

([CCL2] — TreeMacce) + hntacce
Vo5 ([CCL5] — TreeMaccc)

([CCL5] - 7-recMacCC) + hamaccc

PMr = MrecMax

Along with the recruitment function, the following threshold conditions must be met:

[TNF] > 7-reCMaCTNFH
[CCLQ] > TI'ECM&CCC”
[CCL5] > TrecMacCC (2)

5.2 T cells

T cell recruitment rules for the 3-compartmental model submitted in the manuscript “Computational and empirical
studies predict Mycobacterium tuberculosis-specific T cells as a biomarker for infection outcome” are given in the
Supplementary Materials section S2. However, the threshold conditions outlined below for enabling a vascular
source for T cell recruitment are always enforced.

Recruitment of T cells begins after a threshold of number of Mth (Nytbreen) is reached that represents the time required for
activation of the adaptive immune response following Mtb infection. T, are recruited every timestep from vascular sources
based on available TNF-a, CCL2, CCL5, and CXCL9/10/11 (written as only CXCL9 from here forth) concentrations at
the specific vascular source, provided that the vascular source is not caseated nor blocked by a macrophage or two T cells.
The probability of recruitment of T, is given by:

VrEch([TNF] - TrechamTNF)

Pr, =
Y recTgamMax T
([TNF] - 7-rechamTNF) + thamTNF

VCCLQ([CCLQ] - TrechamCC)

max I

([CCL2] — Trectgamcc) + Argamcc
VCCL5([CCL5] - TrechamCC)

max

([CCL5] — TrechamCC) + thamCC—r
VCXCLQ([CXCLg] - TrechamCC)

max

([CCL5] - TrechamCC) + thamCC

(3)

Along with the recruitment function the following threshold conditions must be met (this condition determines if a
vascular source is enabled for recruitment of a specific T cell phenotype):

[TNF] > TrecMacTNE ||
[CCL2] > TreeMaccc |
[CCL5] > TreeMaccc ||
[CXCL9] > TrecMacCC (4)

T, are recruited every timestep from vascular sources based on available TNF-o, CCL5, and CXCL9 concentrations at
the specific vascular source, provided that the vascular source is not caseated nor blocked by a macrophage or two T cells.



The probability of recruitment of T is given by:
VTNF([TNF] - TrecTcytTNF)

max

Pre = TrecTeytMm
¢ et ([TNF] = Trecteyttnr) + hreytrne

VCCL5([CCL5] - 7—recTcthC)

max |

([CCL3] — Treeteytcc) + hreyicc |
VSXCL([CXCLYI] — TrecTeytcc)

max

([CCL5} - 7-recTcthC) + ththC

Along with the recruitment function, the following threshold conditions must be met:

[TNF] > 7—recMacTNF”
[CCL5] > TrecMaCCC”
[CXCL9] > TrecMacCC (6)
T, are recruited every timestep from vascular sources based on available TNF-a and CCL5 concentrations at the

specific vascular source, provided that the vascular source is not caseated nor blocked by a macrophage or two T cells.
The probability of recruitment of T, is given by:

VTNF([TNF] - TrecTregTNF)

max

P r — Trec egMax 1
" Treght ([TNF] - 7-recTregTNF) + hTregTNF

Vn?g(LS([CCL‘S] - TrecTregCC)
([CCL5] - 7-recTregCC) + hTregCC

Along with the recruitment function, the following threshold conditions must be met:

[TNF] > 7-mCMacTNF”
[CCLB] > TrecMacCC (8)

6 Cell-Cell Interactions and State Transitions

All cell-cell interactions and state transitions described below are updated every ABM timestep for all cells.

6.1 Cell Death Due to Age

All macrophages that are initially distributed or recruited on the grid are assigned a lifespan selected from a uniform
distribution between zero and maxgemac. 1 cells are also assigned a lifespan randomly distributed between zero and
MaXageTcell. M, has a shortened lifespan of maxageactive- At death, M, and T cells are removed from the grid. At death,
M; and M,; are removed from the grid and any intracellular Mtb (Biy) is dispersed uniformly in the Moore neighborhood
as extracellular bacteria (Bext). M, death contributes to caseation of the micro-compartment.

6.2 Rules for resting macrophages (M,)

There is a chance of STAT-1 activation in a timestep as a result of interaction between a M, and IFN-y producing
T, cells with a probability (nT, x PSTAT1); where, nT, is the number of T, cells surrounding the M, in the Moore
neighborhood including the micro-compartment occupied by the M,. M, can become NF-xB activated through TNF-a
induced processes based on the equations given in the Tunable Resolution section. NF-xB activation can also occur if the
Beyt in the Moore neighborhood exceeds Bacgnvi. STAT-1 and NF-xB activation last for the time interval tgraT1 and tnpxB
after which STAT-1 or NF-xB activation, respectively, is lost. M, that are either STAT1 or NF-xB can be down-regulated
by a T, in which the M, loses either STAT1 or NF-xB activation respectively. M, is able to uptake or to kill Bey; that
reside in the same micro-compartment. If the number of Beyy < Ny, M, kills them. Otherwise, it either kills N, of the
Bext with probability P or becomes infected (M;) after uptake of Ny of the Beyxt as its initial Bjy. M, that are either
STAT1 or NF-xB activated kill Bey; with a probability 2 x Px due to increased antimicrobial capacity. If both STAT1
and NF-xB are activated in a Myeq and it is not already downregulated by a T, it becomes activated (M, ). Following
Tiewtr downregulation, M, does nothing but moves for a fixed period of time t;egMac. If the remaining lifespan of such an
activated macrophage is greater than maxXageactive, it Will be shortened to maxageactive-



6.3 Rules for infected macrophages (/)

Bint replicates in M; every ABM timestep according to the following equation:
Bint (t —+ At) = (1 + aBi)Bint (t) (9)
M; is able to uptake but not kill Byegey: from its micro-compartment with a probability (Pyptakemi) that is computed
as a function of Bj,; as follows:

Nc - Bint
PuptakeMi = T (10)

M; takes up N, of extracellular bacteria if Beyt > Ny. Otherwise, it takes up all extracellular bacteria that are
available in the micro-compartment. If the number of Bj,; exceeds a threshold N, the M; becomes chronically infected
(Mc;). There is a chance of STAT-1 activation in a timestep as a result of interaction between a M; and IFN-y producing
T, cell with a probability (nTieptg X PstaT1); where, nT, is the number of T, cells surrounding the M, in the Moore
neighborhood including the micro-compartment occupied by the M;. M; can become NF-xB activated based on the
equations given in the Tunable Resolution section. NF-xB activation can also occur if the Boyy in the Moore neighborhood
exceeds Bacin. STAT-1 and NF-xB activation last for the time interval tsTaT1 and tnryg after which STAT-1 or NF-xB
activation, respectively, is lost. M; that are either STAT1 or NF-xB can be downregulated by a 7} in which the M; loses
either STAT1 or NF-xB activation respectively. Following T, downregulation, M; does nothing but moves for a fixed
period of time tyegMac, but continues to secrete chemokines. If both STAT1 and NF-xB are activated in a M; and it is not
already down-regulated by a Ty, it becomes activated (M,). If the remaining lifespan of such an activated macrophage is
greater than maxageactive, it Will be shortened to maxageactive-

6.4 Rules for chronically infected macrophages (M)

Byt replicates in M; every timestep according to eq. (9). If the Biy exceeds a threshold (Npust), the Mg bursts and its
Bint are evenly distributed as whole numbers to the Moore neighborhood surrounding the M.;. M; bursting contributes to
caseation of the micro-compartment. M are always NF-xB activated and cannot become STAT1 activated. M,; cannot
be down-regulated by a T;.

6.5 Rules for activated macrophages (1/,)

M, is capable of effectively killing Bey;. Each timestep, M, kills N,k of the Beyt in its micro-compartment. M, that
transitions from M; kill By, at the same rate that it kills Beys each timestep. M, can be downregulated by a 7T, in which
the M, loses both STAT1 and NF-xB activation. Following T, downregulation, M, does nothing but moves for a fixed
period of time t;egMac and subsequently transitions back to M, after its downregulated state. M, have an associated
probability of initiating a healing event. If the compartment is marked for healing, there is an associated time with the
healing process. Once the time interval is passed, the compartment changes from caseated to non-caseated.

6.6 Rules for T cells

By definition, the rules outlined below refer to Mtb-specific T cells. Specific T cell rules for T cell interactions
and state transitions in the 3-compartmental model submitted in the manuscript “Computational and empirical
studies predict Mycobacterium tuberculosis-specific T cells as a biomarker for infection outcome” are given in the
Supplementary Materials section S2.

6.7 Rules for cytotoxic T cells (1¢)

T, are classified by the ability to secrete TNF-a based on a specified probability when it is born. If T, is not already
down-regulated by a T} and there is a M; or M¢; present in its Moore neighborhood there is a chance of perforin/granulysin-
mediated killing of M; or M with probability Peytkin. If there are more than one M; or M in the Moore neighborhood
one is chosen at random and the chance of perforin/granulysin-mediated killing of M; or M,; is given by the probability
Peyexin. M; killing by a T¢ kills all Biye and contributes to caseation of the micro-compartment. In the case of M killing,
the Bin are killed with probability Peyikinciean. Otherwise, half of the Biy will be uniformly distributed in the Moore
neighborhood. M,; killing by T, also contributes to caseation of the micro-compartment. When downregulated, T; cells
lose their cytotoxic capabilities for a fixed period of time tyegTcyt-



6.8 Rules for pro-inflammatory T cells (7)

T, are classified by the ability to secrete IFN-y (and activate STAT1) and TNF-a based on specified probabilities when
it is born. If T} is not already downregulated by a T} and there is a M; or M present in its Moore neighborhood there
is a chance of Fas/FasL-induced apoptosis of M; or M with probability P,,op/pas- If there are more than one M; or M
in the Moore neighborhood one is chosen at random and the chance of Fas/FasL-induced apoptosis of M; or M,; is given
by the probability P,pop/Fas- As a result of apoptosis, half of the Biy in M; or M; will be killed and the other half will
be equally distributed in the Moore neighborhood as Bext. When downregulated, 77, cells lose their apoptotic capabilities
for a fixed period of time, tregTgam-

6.9 Rules for regulatory T cells (7})

T, suppresses or downregulates the action of T cells and macrophages through non-interleukin-10 mechanisms (CTLA-4,
TGF-B, etc.), which are still poorly understood[15, 16, 17]. Thus, the probability of alternative suppressive functions of
T, occurring is linearly dependent upon the following ratio in eq. (11), which coarsely simulates the mechanisms of other
regulatory mechanisms. 7; have a baseline deactivation capacity, thus when IL-10 production is deleted from regulatory
T cells, the deactivation capacity is upregulated by a specified factor.

[TNF] - [TNFRI]
[TNF] - [TNFR1] + [IL10] - [IL10R] (11)

Bound Ratio =

T, here down-regulates all cells (macrophages, T, and 7)) in its Moore neighborhood. Downregulated states last
for tregMac, tregTgam and tregeyt for macrophages, 1. and T, cells, respectively. T, downregulation for each cell type is
explained in sections that describe ABM rules for that specific cell type.

7 Extracellular Mtb Growth (Bext)

Growth of extracellular Mtb (Bext) in all micro-compartments is calculated based on the following equation:

Bext (t)

]_ —
11Kpe

Bext (t + At) = Bext (t) + Bext (t)

8 Non-Replicating Extracellular Mtb

Non-replicating Mtb trapped in caseated compartments in the Moore neighborhood of an M, can be killed at a reduced
rate of activated macrophage killing (1/10%}).

9 Chemokine Secretion

M;, My, M,, NF-xB activated M,, and NF-xB activated M; are able to secrete chemokines, provided that they are
not downregulated by T;. The rates of chemokine secretion for different cell types are as follows. !'M.;, M, and NF-xB
activated M;j are able to secrete chemokines with full secretion rates (rccrz, "ccLs, and roxcrg) as listed in Table S3 in
Appendix S3. NF-xB activated M, and M; cells that are not NF-xB activated secrete chemokines with half-full secretion
rates (0.5 X rcore, 0.5 X recrs, and 0.5 X roxcng). Caseated microcompartments also secrete attractants that attract
immune cells. For simplicity, we use quarter-full rates of chemokine secretion to simulate the effect of such attractants
(0.25 X rcoLe, 0.25 X recws, and 0.25 X roxcry). Chemokine secretions to the microcompartments on the grid are updated
in time intervals of dtp. Secretion of TNF and IL-10 is discussed in the Tunable Resolution section.

10 Diffusion of Soluble Molecules

The two-dimensional partial differential equation (PDE), for diffusion of chemokines, cytokines, and antibiotics, is given

by the following equation.
oc D o*C  9*C 13
ot 0x? + oy? (13)



C is the concentration of diffusing molecule that changes with time ¢ in the x and y directions and D is the diffusion
coefficient for the molecule in the tissue environment. This equation can be implemented numerically on the grid by using
Spectral Methods. Spectral methods for solving PDEs are a class of collocation methods that analyze the discretized
system in a global instead of a local manner[4, 5, 9, 14, 18]. The solution to the entire system is assumed by a basis func-
tion and time-varying coefficients are determined such that the solution to the system is satisfied. Importantly, spectral
methods reduce PDEs into ODEs thus drastically reducing the computational burden of the numerical approximation[14].
For an in depth explanation please refer to Mugler and Scott [14]. We adapt the basic method for our needs to allow insu-
lating boundary conditions and apply simple smoothing pre-processing steps to limit errors associated with discontinuous
concentration fields[2, 11].

11 Tunable Resolution

Previous versions of GranSim were focused on understanding the roles of cytokine dynamics (TNF and IL-10) at a
molecular scale and how receptor-ligand trafficking events (modeled as a system of non-linear differential equations)
influenced infection outcomes[3, 7]. Our focus is to understand the treatment of TB using antibiotics at a single granuloma
level. Thus, we apply the concept of tunable resolution to our model in order to retain our understanding of the roles of
TNF and IL-10 during infection, yet reducing model complexity and computational burden in order to focus on a detailed
description of antibiotic treatment[12]. Briefly, the system of non-linear ordinary differential equations in Cilfone et al.
[3] is replaced with the following equations describing the change in soluble TNF and soluble IL-10 concentrations in a
compartment containing an agent:

d[sTNF) [sTNF) [STNF]

= Konp — k - (14)
sSTNF cTNF
dt Nav Nav
KDTl — + [STNF] KDT2 —+ [STNF]
14 V
d[sIL10] [sIL10]
/
a4 Kerrio — Kerrio (15)
t Nav
KD] Vv [SIL].O]

Where klpnp and ki, are the apparent secretion rates of TNF and IL-10, kernr and kerrio are the apparent rate
constants for consumption (which incorporate estimates for total receptors and any scaling factors for both TNF and
IL-10), and Kpri1, Kpr2, and Kpy are affinities for TNFR1, TNFR2, and IL-10R respectively. Each quotient represents
the bound fraction of surface receptors assuming a pseudo-steady state.

Additionally, we re-write any probability functions that relied on molecular scale details in terms of soluble TNF and
IL-10 concentrations:

[STNF] ,
0 N < TNFxB
AV
KDTI 7 + [STNF]
PnryB = (16)
, [sTNF] , [STNF] ,
L—exp | =k\pup | ——— — Tms | A 2 TNFxB
Ko Y Ko oY 4 [¢INF]
DT177 DT177
[STNF] ,
0 < 7—a»pop
Kpr1— + [STNF]
Foron = [STNF] [STNF] "
S s
1—exp _k;pop finti - Tz;,pop At 2 Talupop
Nav Nav
Kpr1 % KpT1 =+ [STNF}

kNExBs Kapops Tarsp and T, are modified rate constants and thresholds for TNF-induced NF-xB activation and
apoptosis, respectively, while fi,; is a partition factor for estimating internalized bound receptors from the pseudo-steady
state estimate of surface bound receptors. These resulting rate constants and parameters can be estimated from their
corresponding parameters when the increased molecular scale detail is turned on.



Lastly, inhibition of TNF synthesis by IL-10 is reduced to a simple dose dependence function based on the soluble

IL-10 concentration in the compartment.

1

/ _
STNF =
log[sIL10] +
|+ oxp (ﬂ})

(18)

B

Where klrnp is the apparent secretion rate of TNF, « is the threshold parameter, and § is the shape parameter.

References

1]

Valérie Chabot et al. “CCL5-enhanced human immature dendritic cell migration through the basement membrane
in vitro depends on matrix metalloproteinase-9”. en. In: Journal of Leukocyte Biology 79.4 (Jan. 2006), pp. 767-778.
ISSN: 1938-3673. DOI: 10.1189/j1b.0804464.

Nicholas A. Cilfone, Denise E. Kirschner, and Jennifer J. Linderman. “Strategies for Efficient Numerical Implemen-
tation of Hybrid Multi-scale Agent-Based Models to Describe Biological Systems”. en. In: Cellular and Molecular
Bioengineering 8.1 (Mar. 2015), pp. 119-136. 1SSN: 1865-5033. DOIL: 10.1007/s12195-014-0363-6.

Nicholas A. Cilfone et al. “Multi-Scale Modeling Predicts a Balance of Tumor Necrosis Factor-o and Interleukin-10
Controls the Granuloma Environment during Mycobacterium tuberculosis Infection”. en. In: PLoS ONE 8.7 (July
2013). Ed. by Deepak Kaushal, e68680. 1ssN: 1932-6203. pOI: 10.1371/journal.pone.0068680.

Bruno Costa. “Spectral Methods for Partial Differential Equations”. en. In: CUBO, A Mathematical Journal 6.4
(Dec. 2004), pp. 1-32. 1SSN: 0719-0646. URL: https://cubo.ufro.cl/ojs/index.php/cubo/article/view/1552.

William M. Deen. Analysis of transport phenomena. 2nd ed. Topics in chemical engineering. New York: Oxford
University Press, 2012. 1SBN: 978-0-19-974028-4.

Jackson G. Egen et al. “Macrophage and T Cell Dynamics during the Development and Disintegration of Mycobac-
terial Granulomas”. en. In: Immunity 28.2 (Feb. 2008), pp. 271-284. 1sSN: 10747613. DOI: 10.1016/j . immuni . 2007 .
12.010.

Mohammad Fallahi-Sichani et al. “Multiscale Computational Modeling Reveals a Critical Role for TNF-a Receptor 1
Dynamics in Tuberculosis Granuloma Formation”. en. In: The Journal of Immunology 186.6 (Mar. 2011), pp. 3472—
3483. 18sN: 1550-6606. DOI: 10.4049/ jimmunol.1003299.

Christopher B Ford et al. “Use of whole genome sequencing to estimate the mutation rate of Mycobacterium
tuberculosis during latent infection”. en. In: Nature Genetics 43.5 (May 2011), pp. 482-486. 1sSN: 1546-1718. DOL:
10.1038/ng.811.

Bengt Fornberg. A Practical Guide to Pseudospectral Methods. Cambridge Monographs on Applied and Computa-
tional Mathematics. Cambridge University Press, 1996. Do1: 10.1017/CB09780511626357.

Chang Gong et al. “Predicting lymph node output efficiency using systems biology”. en. In: Journal of Theoretical
Biology 335 (Oct. 2013), pp. 169-184. 1ssN: 00225193. por: 10.1016/j.jtbi.2013.06.016.

David Gottlieb and Chi-Wang Shu. “On the Gibbs Phenomenon and Its Resolution”. en. In: SIAM Review 39.4
(Jan. 1997), pp. 644-668. 1SSN: 1095-7200. DOT: 10.1137/50036144596301390.

Denise E. Kirschner et al. “Tuneable resolution as a systems biology approach for multi-scale, multi-compartment
computational models”. en. In: WIRFEs Systems Biology and Medicine 6.4 (July 2014), pp. 289-309. 1sSN: 1939-005X.
DOI: 10.1002/wsbm. 1270.

Constance J. Martin et al. “Digitally Barcoding Mycobacterium tuberculosis Reveals In Vivo Infection Dynamics in
the Macaque Model of Tuberculosis”. en. In: mBio 8.3 (July 2017). Ed. by Christina L. Stallings, e00312-17. 1SSN:
2150-7511. por: 10.1128/mBio.00312-17.

D.H. Mugler and R.A. Scott. “Fast fourier transform method for partial differential equations, case study: The 2-D
diffusion equation”. en. In: Computers & Mathematics with Applications 16.3 (1988), pp. 221-228. 1ssN: 08981221.
DOI: 10.1016/0898-1221(88)90182-4.

Yuri P. Rubtsov et al. “Regulatory T Cell-Derived Interleukin-10 Limits Inflammation at Environmental Interfaces”.
en. In: Immunity 28.4 (Apr. 2008), pp. 546-558. 1SSN: 10747613. DOI: 10.1016/j.immuni.2008.02.017.



Ethan M. Shevach. “Mechanisms of Foxp3+ T Regulatory Cell-Mediated Suppression”. en. In: Immunity 30.5 (May
2009), pp. 636—645. 1ssN: 10747613. pOIL: 10.1016/j . immuni.2009.04.010.

Qizhi Tang and Jeffrey A Bluestone. “The Foxp3+ regulatory T cell: a jack of all trades, master of regulation”. en.
In: Nature Immunology 9.3 (Mar. 2008), pp. 239-244. 1SSN: 1529-2916. poIL: 10.1038/ni1572.

Lloyd N. Trefethen. “Finite Difference and Spectral Methods for Ordinary and Partial Differential Equations”. 1996.
URL: https://people.maths.ox.ac.uk/trefethen/pdetext.html.

Bridget Vesosky et al. “CCL5 participates in early protection against Mycobacterium tuberculosis”. en. In: Journal
of Leukocyte Biology 87.6 (Apr. 2010), pp. 1153-1165. 1SSN: 1938-3673. DOI: 10.1189/3j1b.1109742.



